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Abstract: We propose a polarization-independent single-mode waveguide,
using a two-dimensional square photonic crystal with a complete band
gap. The waveguide is tuned such that both TE and TM modes have the
same group velocity and zero group velocity dispersion at the centergap
frequency. We also present results for a 90◦ bend with transmission values
of 98% for both modes.
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1. Introduction
Single-mode and polarization-independence are desirable conditions for optical waveguides
[1–6]. Single-mode operation is necessary to avoid signal distortion due to different mode group
velocities. Even with single-mode operation, waveguide dispersion is another source of signal
distortion, as the different frequency components of the signal traveling at different velocities
would, given enough time, lead to signal corruption. In addition, polarization-independence is
also necessary to avoid additional devices required for polarization management.
Single-mode and polarization-independent waveguides have been reported for silicon-on-
insulator (SOI) rib waveguides [1, 2] and with rib waveguides having sidewall angles [4].
Single-mode and polarization-independent propagation based on SOI rib waveguides and pho-
tonic wires has been investigated at the submicron scale [3]. It has also been shown that a ridge
waveguide, with critical width and etch depth, can be made to be polarization-independent and
single-mode [5].
Waveguide bends are key elements for optical circuit applications. Hence, single-mode op-
eration and polarization-independence are also critically important design considerations for
waveguide bends. It has been shown that efficient polarization-independent 90◦-turns can be
achieved for single-mode SOI rib waveguides with corner mirrors and strip waveguides us-
ing bends with sufficiently large curvature radii [6], although surface roughness can severely
increase bending losses [7]. Using two-dimensional (2D) photonic crystal (PhC) waveguides,
highly efficient transmission of light around 90◦ bends has been demonstrated for transverse
magnetic (TM) modes [8, 9]. Transmission of 90◦ bends, but only for transverse electric (TE)
modes in a 2D setting, has been studied [10,11]. High polarization-independent bend transmis-
sion has been demonstrated by a 3D structure consisting of two PhC slab waveguides with one
waveguide stacked on top of the other [12], with each slab carrying a different polarization.
Polarization-independent waveguiding and transmission through a 90◦ bend have also been
demonstrated in 2D, although guidance is multimode and bend losses are high [13]. Recently,
single-mode polarization-independent waveguiding in 2D PhC slabs has been demonstrated,
but without a calculation of bending loss [14]. To our knowledge, present work is the first time
high transmission through a bend is reported for a polarization-independent and single-mode
2D PhC waveguide.
2. Polarization-independent single-mode PhC waveguide
Our aim is to design a polarization-independent single-mode waveguide ideally with zero dis-
persion, and a 90◦ bend with the same properties. To do that, we first need to find a photonic
crystal with a complete band gap for both polarizations to keep the signal from leaking at the
bend. Since the bending angle is 90◦, the most promising lattice is the square lattice in 2D. Thus
our first task is to find the right photonic crystal geometry.
2.1. Choosing the photonic crystal
We first try circular Si rods in air. In the square lattice, there is no complete bandgap for dielec-
tric Si rods in air. With air rods in a Si background, there is a small complete bandgap, about
4%, when the air rod radius is around 0.48a, where a is the lattice constant. However, the Si
walls between the air rods become too thin making these structures quite fragile.
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Next we try annular dielectric rods in air. These structures possess a complete bandgap be-
tween the seventh and eighth bands. To maximize the band gap, we performed a two dimen-
sional parameter search to find the optimal values for the outer and the inner radii, R1 and R2
respectively, of the annular rods with ε = 13 in air background. We calculated the lowest band
gap for a total of 1223 different structures using block-iterative frequency-domain methods for
Maxwell’s equations in a planewave basis [15]. We find that the largest gap is 6.53% with
R1 = 0.39a and R2 = 0.24a. The results are displayed in Fig. 1(a). The complete photonic band
Fig. 1. (a) The gap-midgap ratio between the seventh and eighth bands versus the outer (R1)
and the inner (R2) radii of the annular rod (inset) for a square lattice of dielectric rods with
ε = 13 in air. The largest gap obtained with R1 = 0.39a and R2 = 0.24a is indicated by the
red cross. (b) The corresponding band diagram. The complete photonic band gap of 6.53%
is shaded blue. The center inset shows the irreducible Brillouin zone (shaded green).
gap lies in the range 0.5184 < ωa/2πc < 0.5533, where ωa/2πc is the normalized frequency.
The centergap frequency is about 0.5359(2πc/a). The band diagram of this structure is shown
in Fig. 1(b). These results are consistent with those of Cicek et al [13].
2.2. The design of the waveguide
Having found the optimal parameters of the photonic crystal, we now proceed with the design
of the waveguide. We first consider a simple line defect waveguide formed by removing one
row of annular rods. We model this structure using a supercell with size 15a× a as shown in
Fig. 2(a). The dispersion relation is displayed in Fig. 2(b) for the line defect waveguide. The line
defect creates single guided TE and TM modes inside the complete photonic band gap (dashed
curves). The normalized group velocity |dω/d(ck)| of these guided modes as a function of the
normalized frequency is displayed in Fig. 2(c) (dashed curves). This simple approach has two
shortcomings. First, the group velocities of the two polarizations are not equal at the centergap
frequency. Moreover, the group velocity dispersion is nonzero for each polarization. We aim
to rectify these shortcomings by modifying the waveguide such that the group velocities will
be equal at the centergap frequency for both modes, and, in addition, the dispersion would be
ideally zero at the centergap frequency, again for both modes.
One approach used to achieve polarization-independent light guiding is to tailor the line
defect such that the guided bands for the two polarizations overlap with the zero dispersion
region at the center of the band gap. However this approach results in multimode waveguides
[12, 13], with the extra modes having different group velocities.
Our approach is to tune the line defect by modifying the positions and the radii of two annular
rods neighboring the line defect on both sides, as shown in Fig. 2(a). We again perform a fine
grid search for the parameters r1, r2, and d in the range r1 : [0.37a,0.45a], r2 : [0.18a,0.35a],
and d : [0.95a,1.05a] in steps of 0.01a. We find that the optimal parameter set r1 = 0.41a,
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Fig. 2. (a)The supercell size of 15a×a and the optimization parameters. (b)The dispersion
relation for the unmodified line defect waveguide (dashed curves) and for the optimized
line defect waveguide (solid curves). (c)The normalized group velocity versus the normal-
ized frequency for the guided TE and TM modes of the unmodified line defect waveguide
(dashed curves) and the optimized line defect waveguide (solid curves) with the optimal
parameter set r1 = 0.41a, r2 = 0.28a and d = 0.97a. The green filled circle is zero group
velocity dispersion point with the same group velocity for each polarization.
r2 = 0.28a and d = 0.97a makes group velocities of both TE and TM modes equal (0.29c) in
Fig. 2(c) (green filled circle) at the frequency 0.5351(2πc/a) which is nearly at the centergap
frequency. In addition, the group velocities have a local maximum with zero dispersion at the
same frequency. Having the centergap frequency as the operating frequency is important for two
reasons. One is that, at the centergap frequency, the mode profile of the guided wave will be
highly localized at the line defect. Furthermore, since the photonic crystal cladding thickness is
necessarily finite, the bending loss would be minimal as the penetration length into the photonic
crystal will be minimal at the centergap frequency, thus minimizing “tunneling” losses through
the cladding.
The normalized group velocities of the guided TE and TM modes are displayed in Fig. 2(c)
(solid curves). For the optimal parameter set, the dispersion relations are also shown in Fig. 2(b)
(solid curves). This modification does not introduce any extra guided modes. The optimized line
defect waveguide is still single-mode for both polarizations.
3. The design of the 90◦ bend
To design the 90◦ bend with a low bending loss, one needs to resort to time-domain calcula-
tions. We use the finite-difference time-domain (FDTD) method [16] using a freely available
software package [17]. The resolution is taken to be 64 points per unit cell size a. We use a sim-
ulation region of 68a×68a and the bend is located at a distance of 36a from the mode sources
with a Gaussian profile in frequency. Flux-monitors are located just after the mode source for
incident pulses and at a distance of 36a from the bend for transmitted pulses. The transmission
of the bend is defined as the percent ratio of the output flux to the input flux. The input flux is
computed from a separate simulation with a simulation region of 68a× 45a on a straightened
waveguide without the bend for the same total time.
We first try the simplest possible solution labeled corner-0 shown in Fig. 3(a), where two line
defect waveguides meet abruptly at 90◦ with no “smooth” transition in between. For this sim-
plest corner element we find that, at the operating frequency 0.5351(2πc/a), the transmission
values for the TE and TM modes are 99.4% and 36.2%, respectively. While the transmission
for the TE mode is excellent, the TM mode fares rather poorly. Since our aim is to design a
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Fig. 3. (a)Transmission values for eight different diagonal corner elements, each of length
(n+ 1)
√
2a, where n is the corner label. (b)Transmission through the corner element (in-
set) as a function of the parameter δ . The Gaussian packets passing through the bend at
ωa/2πc = 0.5351 with width Δ( ωa2πc ) = 0.02.
corner element with high transmission for both modes, we insert a diagonal element in between
the two arms. We calculate the transmission values for different lengths of the diagonal element
to determine the optimal length. We find that the transmission values fluctuate with the length
of the diagonal element. This is understandable, since there would be reflections at the two 45◦
turns and the two reflections interfere constructively or destructively depending on the length of
the diagonal element. The transmission maxima and the minima for each mode occur at slightly
different lengths due to the different wave number, and hence different “effective wavelength”
2π/k, for each mode at the operating frequency. This is analogous to the familiar interference
of light through a thin film. The total transmission for both modes is maximum for corner-2,
with 93.9% for TE, and 95.6% for TM.
To further fine-tune the corner element to maximize the transmission, we try slightly shifting
the annular rods, whose centers are indicated by red crosses in Fig. 3(b). A shift of about 0.057a
increases the transmission values by several percent to 98.5% for TE, and 98.1% for TM.
To understand the high transmission more clearly in addition to constructive and destructive
interference explanation, we investigate the diagonal element as a short waveguide which is
modeled using a supercell in Fig. 4(a). The dispersion relation for the diagonal element is
shown in Fig. 4(b). At the operating frequency 0.5351(2πc/a), there are one TM and two TE
localized guided modes as shown in the inset of Fig. 4(b). The normalized group velocities of
the modes of the diagonal element are displayed in Fig. 4(c). The TM mode has nearly zero
dispersion at the operating frequency, while the two TE modes have nonzero dispersion. This
results in a slight widening of the Gaussian wave packet for the TE mode, while the TM mode
passes through with little or no dispersion, as can be seen in Fig. 5(b).
Figure 5(a) shows the transmission through the bend as a function of the normalized fre-
quency. Transmission is greater than 90% for both polarizations in the range between w= 0.531
and w= 0.538. High transmission (≥ 95%) is achieved in the range 0.5323<ωa/2πc< 0.5373
(shaded gray) for each polarization. The normalized group velocities for the straight waveguide
are also shown in Fig. 5(a). In this range (shaded gray), the straight waveguide has similar group
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Fig. 4. (a) The supercell size of 10√2a×A where A = 2√2a. (b)The dispersion relation
for the diagonal element and modal profiles (inset) of TM, TE-1 and TE-2 modes at the
normalized frequency ωa/2πc = 0.5351. (c)The normalized group velocity of the TE and
TM modes as a function of the normalized frequency.
velocities and nearly-zero dispersion for each polarization. We obtain the highest transmission
of 98.6% (98.1%) at ωa/2πc = 0.5343 (0.5351) for TE (TM) mode. The FDTD simulations of
a Gaussian packet before and after passing through the corner element are displayed in Fig. 5(b).
Fig. 5. (a)Transmission through the bend as a function of the normalized frequency in
the range 0.5184 < ωa/2πc < 0.5533. The range 0.5323 < ωa/2πc < 0.5373 is shown
as shaded gray. Also shown are the group velocity curves of the straight waveguide. (b)
Incident pulses and transmitted pulses for TE and TM modes.
4. Conclusion
Using a two-dimensional square lattice of annular dielectric rods, we have demonstrated a
polarization-independent single-mode waveguiding system which has the same group veloc-
ity and zero group velocity dispersion at the centergap frequency 0.5351(2πc/a). We find that
the transmission through the bend is greater than 98% for both polarizations at this frequency.
In the range 0.5323 < ωa/2πc < 0.5373 transmission values of more than 95% are obtained
for both modes and the straight waveguide has close group velocities and nearly-zero disper-
sion for each polarization. Our future work will include 3D calculations for structures presented
here, it is necessary for a realistic design that also addresses the vertical confinement issue.
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